


















L. Molnar [21 $[^{3}\rho$ C*- $A$ C*- $B$





$A$ Gelfand $\Phi_{A}$ Banach $B$ Gelfand $\Phi_{B}$




Theorem. Suppose A is regular. Then there exist a continuous map $\hat{P}$ of $\Phi_{B}$ into $\Phi_{A}$
and a division $\{\Phi_{B}0, \Phi_{B}^{1}, \Phi^{2}B\}$ of $\Phi_{B}$ such that $\Phi_{B}^{1}$ and $\Phi_{B}^{2}$ are closed, and for each $a\in A$,
$p(a)^{\mathrm{A}}=\hat{a}\circ\hat{p}$ on $\Phi_{B}^{1},$ $\rho(a)^{\mathrm{A}}=\hat{a^{-}}\circ\hat{P}$ on $\Phi_{B}^{2}$ and $p(a)^{\wedge}(\psi)=\tau_{\psi}(\hat{a}(\hat{P}(\psi)))$ for every
$\psi\in\Phi_{B}^{0}$ and for some discontinuous ring isomorphism $\tau_{\psi}$ of the complex field $C$ onto
itself.
Moreover, if $\rho$ is $\mathrm{S}\mathrm{u}_{\dot{\mathrm{Q}}\mathrm{e}\mathrm{c}\mathrm{t}\mathrm{i}\mathrm{v}\mathrm{e}}$, then $\hat{p}$ is injective, and if $A$ satisfies the following
condition $(\#)$, then $\hat{p}(\Phi_{B}^{0})$ is a finite set:
$(\#)$ For any $\lambda_{n}\in C$ with $|\lambda_{n}|\leq 1/2^{n}(n=1,2, \ldots)$ and $\{\varphi_{1}, \varphi_{2}, \ldots\}\subseteq\Phi_{A}$ such that each
$\varphi_{n}$ is an isolated point in $\{\varphi_{1}, \varphi_{2}, \ldots\}$, there exists an element $a\in A$ such that
$\hat{a}(\varphi_{n})=\lambda_{n}(n=1,2, \ldots)$.
: $A$ $(\#)$ $\rho$ $\Phi_{B}^{0}$
$\Phi_{B}^{1}$ $\Phi_{B}^{2}$
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Lemma 1. $\mathrm{K}\mathrm{e}\mathrm{r}(\rho)$ is a closed algebra ideal of $A$ .
$\mathrm{K}\mathrm{e}\mathrm{r}(p)$ $a$
(1) $\rho(a)^{\mathrm{A}}(\psi)\rho(x)\mathrm{A}(\psi)\neq 1(\forall\psi\in\Phi_{B}, \forall X\in A)$
$x\in A$ $ax$ $\mathrm{K}\mathrm{e}\mathrm{r}(\rho)$
$|ax-_{\mathcal{Y}}|<1$ $y\in \mathrm{K}\mathrm{e}\mathrm{r}(p)$ $z= \sum_{n\overline{-}1}^{\infty}(ax-y)^{n}$ $\mathrm{z}ax-z_{\mathcal{Y}}=_{Z}-(ax-y)$
$(\rho(\mathrm{z})+1)\rho(a)\rho(x)=\rho(Z)$ (1)




$X\in \mathrm{K}\mathrm{e}\mathrm{f}(\rho),$ $\lambda\in C$ $\lim_{narrow\infty}\alpha_{n}+i\rho n=\lambda$
$\{\alpha_{1},\beta_{1}, \alpha_{2},\beta_{2}, \ldots\}$
$|\alpha_{n}x+i\beta’\kappa-\lambda_{C}|arrow 0(narrow\infty)$
$\alpha_{n}x,$ $\beta_{n}X\in \mathrm{K}\mathrm{e}\mathrm{r}(p)(n=1,2, \ldots)$
$\rho(i\beta nx)^{2}=-\rho(\rho_{\beta})=02$ $B$ $\rho(i\beta_{n}x)=0$
$\alpha_{n}x+i\beta_{n}x\in \mathrm{K}\mathrm{e}\mathrm{r}(p)(n=1,2, \ldots)$
$\lambda x\in \mathrm{K}\mathrm{e}\mathrm{r}(p)$ $\mathrm{K}\mathrm{e}\mathrm{r}(P)$ algebra ideal
Lemma 2. There exist a continuous map $\hat{\rho}$ of $\Phi_{B}$ into $\Phi_{A}$ such that
$p(a)^{\wedge}(\psi)=T_{\psi}(\hat{a}(\hat{p}(\psi)))(a\in A)$
for every $\psi\in\Phi_{B}$ and some ring isomorphism $\tau_{\psi}$ of $C$ onto itself.
$\psi\in\Phi_{B}$ $p_{\psi}(a)=\rho(a)\wedge(\psi)(a\in A)$
$\rho_{\psi}$














$C$ $\underline{\approx}A/\mathrm{K}\mathrm{e}\mathrm{r}(\hat{\rho}(\psi))=A/\mathrm{K}\mathrm{e}\mathrm{r}(\rho_{\psi})$ $\underline{\approx}$ $C$
$\hat{a}(\hat{p}(\psi))\epsilon’ a+\mathrm{K}\mathrm{e}\mathrm{r}(\hat{p}(\psi))=a+\mathrm{K}\mathrm{e}\mathrm{r}(p_{\psi})rightarrow p(a)^{\wedge}(\psi)$
$3\mathrm{f}\mathrm{o}\mathrm{r}$ each $a\in A$ .
$\tau_{\psi}$
Lemma 3. If $A$ is regular, then $\hat{\rho}$ is continuous on $\Phi_{B}$ .
$\psi\in\Phi_{B}$ $\{\psi_{\lambda}\}$ $\psi$ $U$ $\hat{p}(\psi)$
$A$ $\hat{a}(\hat{\rho}(\psi))=1,$ \^al $\Phi_{A}\backslash U=0$





$i$ . $e.,\hat{a}(\hat{p}(\psi\lambda))\neq 0$ and so $\hat{\rho}(\psi_{\lambda})\in U(\forall\lambda\geq\lambda_{0})$
$\lim{}_{\lambda}\hat{P}(\psi_{\lambda}))=\hat{p}(\psi)$
$\hat{\rho}$
Lemma 4 If $\rho$ is surjective, then $\hat{\rho}$ is injective.
$\psi_{1},$ $\psi 2\in\Phi_{B}$ :
$\psi_{1}\neq\psi_{2},\hat{\mathrm{p}}(\psi 1)=\hat{\mathrm{p}}(\psi 2)(\equiv\varphi\in\Phi A)$ .
$\rho(\mathrm{K}\mathrm{e}\mathrm{r}(\varphi))\subseteq \mathrm{K}\mathrm{e}\mathrm{r}(\psi_{1})\mathrm{n}\mathrm{K}\mathrm{e}\mathrm{r}(\psi 2)$ $\varphi(a)=0$ Lemma 2
$p(a)^{\wedge}(\psi_{1})=\tau_{\psi_{1}}(\hat{a}(\hat{p}(\psi 1)))=\tau(\psi\iota\varphi(a))=\tau_{\psi_{1}}(0)=0$
$p\langle \mathrm{K}\mathrm{e}\mathrm{f}(\varphi))\subseteq \mathrm{K}\mathrm{e}\mathrm{r}(\psi_{1})$ $p(\mathrm{K}\mathrm{e}\mathrm{r}(\varphi))\subseteq \mathrm{K}\mathrm{e}\mathrm{r}(\psi_{2})$





$C\underline{\simeq}A/\mathrm{K}\mathrm{e}\mathrm{r}(\varphi)$ (algebra $\mathrm{i}\mathrm{s}\mathrm{o}.$ )
$\underline{\approx}(A/\mathrm{K}\mathrm{e}\mathrm{r}(p))/(\mathrm{K}\mathrm{e}\mathrm{r}(\varphi)/\mathrm{K}\mathrm{e}\mathrm{r}(p))$ (algebra $\mathrm{i}\mathrm{s}\mathrm{o}.$) (by (3))






$\Phi_{B}=$ { $\psi\in\Phi_{B}$ : $\tau_{\psi}$ is discontinuous},
$\Phi_{B}^{1}=$ { $\psi\in\Phi_{B}$ : $\tau_{\psi}(\lambda)=\lambda$ for all $\lambda\in C$ },
$\Phi_{B}^{2}=$ { $\psi\in\Phi_{B}$ : $\tau_{\psi}(\lambda)=\overline{\lambda}$ for all $\lambda\in C$}.
$\Phi_{B}=\Phi_{B}^{0}\cup\Phi_{B}^{1}\cup\Phi_{B}^{2}$ (disjoint union)
$\ovalbox{\tt\small REJECT} \mathrm{F}\mathrm{o}\mathrm{r}$ each $a\in A,$ $\rho(a)^{\wedge}=\hat{a}\circ\hat{\rho}$ on $\Phi_{B}^{1},$ $\rho(a)^{\wedge}.=\hat{a^{-}}\circ\hat{p}$ on $\Phi_{B}^{2}$ and
$p(a)^{\wedge}(\psi)=T_{\psi}(\hat{a}(\hat{p}(\psi)))$
for every $\psi\in\Phi_{B}^{0}$ and for some discontinuous ring isomorphism $\tau_{\psi}$ of $C$ onto itselS
3 Lemma2














(cf. [1, Theorem 2, $\mathrm{P}$ . 360]) $n$ .
$| \lambda_{n}|\leq\frac{1}{2^{n}},$ $|\tau_{\psi_{n}}(\lambda_{n})|\geq n$
$(\#)$ $\hat{a}(\varphi_{n})=\lambda_{n}(n=1,2, \ldots)$
$a\in A$
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